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Abstract. Fermion factorization of the bosonic statistical sum and finite approximation of the
zeta-function considered.
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We say that we find New Physics (NP) when either we find a phenomenon which
is forbidden by standard model (of elementary particles) (SM) in principal - this is the
qualitative level of NP - or we find a significant deviation between precision calculations
in SM of an observable quantity and a corresponding experimental value.

In the Universe, matter has manly two geometric structures, homogeneous, and hier-
archical. The homogeneous structures are naturally described by real numbers with an
infinite number of digits in the fractional part and usual archimedean metrics. The hier-
archical structures are described with p-adic numbers with an infinite number of digits in
the integer part and non-archimedean metrics [1]. A discrete, finite, regularized, version
of the homogenous structures are homogeneous lattices with constant steps and distance
rising as arithmetic progression. The discrete version of the hierarchical structures is
hierarchical lattice-tree with scale rising in geometric progression.There is an opinion
that present day theoretical physics needs (almost) all mathematics, and the progress of
modern mathematics is stimulated by fundamental problems of theoretical physics.

Qvelementary particles. Let us consider the following formula

= (1+2)(1+2H)(1+2h..., |z| < 1. (1)
which can be proved as
, 1— 9(k+1)
pe=0+2) 1421 +2Y. . (1+2%) = ———— lmpe=1/(1-2). (2)

The formula (1) remind us the boson and fermion statistical sums

14z

Zy(w) = Zs(w) VAR exp (—fw) (3)

1—a’
and can be transformed in the following relation

Zb(w) = Zf(w)Zf(Qw)Zf(4w) (4)
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Indeed,
Zb(w) = 1{5{17 = vaf(w)Zf(Zw)Zf(4w)...,
1
a:1+(1+2+22+...):1+m:0, 2], =1/2 < 1. (5)

By the way we have an extra bonus! We see that the fermi content of the boson wears the
p-adic sense. The prime p = 2, in this case. Also, the vacuum energy of the oscillators
wear p-adic sense.

What about other primes p? For the finite fields,

zn(p) = exp(2min/p), n=0,1,...,p — 1, ZZ" =0,
p—1 "
Zy(B) =Y _exp(—BE,/h), B, =2rh(n+a),
n=1
Zy(—i/p) =0, p=2,3,5,...13...29...137... (6)

In polynomial approximation of a function f(x) ~ Py(z) = ag + a1 + ... + aya®,
ap + armo + agxd + ... + anz = f(x0) = fo,
ap + a1 + a4+ ... +ayad = f(x1) = fi,

ap + a1z + &2%?\7 + ...+ aN:U% = f(zn) = fn, (7)

the coefficients a,,, n = 0,1, ..., N are defined as solutions of the linear system of equations

VA= F) AT = (ao,CLl,...,CLN), FT = <f07f1a"'7fN)a

2 N
1 xo :cg x?\/
1 = =z .. x}v
— 2
V=1 zy a5 .. (8)
2 N
1 oy 2y ... oy

Determinant of the Vandermonde matrix detV = Ay = [[ysmonso(Tm — Tn), (Ao = 1,
by definition). Indeed,

1 xp 2 1 To T3
A=z —1, Ng=det | 1 z; 22 | =det| 0 xy —zg 23—}
1 xy 23 0 29—z 23— 22
1 z1+2
= (351 - $0)(932 - ﬂfo)deZf ( 1 x; + xg ) = (5U2 - 951)(552 - xo)(% - ZEO),
Ay = (JUN - fol)---<xN - l’o)ANA = H Zn,

1<n<N

Zn = (xy — xp_1)...(x, — T0) (9)
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There are two exceptional (simplest) case for discrete values of x: when z, = p", n =
0,1,2,...,N,and z, = x9+nh, n=0,1,2,.... N.
In the first, geometric progression, case

Zn — (pn . pn—l)(pn—l - pn—2)£21)n - 1)
(1+2+...+n71)( 1)npn —1p" - 1“.]9 -1
p—1 p—1 —1

=p
n(n— b —1
= p V2 (p — L [n], = A1 Zy=(p-1),
p—1"
)

p_

)"[n]
1

1)"[n],,
A= =p)*—Dp—1)=plp—1>°@p+1)
=727y = p(p 1) (p+1)(p—1),

1

1
Ay = H Zn:pa(p_ )b H [n]P!7 (10)

1<n<N 1<n<N

N N
1 1 . 1(14e)N -1
a=§zo:”(”—1)=§(20:1’) |x1—§ p |e=0
1 N +1)N N+1)N(N -1
:§(N+1+( 5 AL >3'( )52+...)(2)]E:0
_ (N+1)N(N -1) '
— : ,
N
b= n=N((N+1)/2, Ay=p(p-1°(p+1), a=1, b=3, (11)
0
For p > 1,
]y = p" 7, [l = p V2,
N
N(N +1/2)(N
AN:p2a+b:pc’ c= ( + / +1 Z
1
Al ~Dp, AQ ﬁps. (12)

For p < 1,Ay ~ (=1)%% a=N(N?>—=1)/6, b=N(N+1)/2, [n], =1, Ay~ —1, Ay~
—p. Having expression for Ay in p, it is easy to obtain corresponding expression in
arithmetic progression case by putting p = 1 +h : Ax(h) = h° Hjlv n!, b = N(N +
1)/2, Ay = 2h®. We obtain the same result by direct calculation: Z,, = h x 2h X ... X nh =
h'n!, Ax(h) =[] Za.

The Riemann zeta function ((s) is defined for complex s = o + it. All complex zeros,
s = a+ 10, lie in the critical stripe 0 < ¢ < 1, symmetrically with respect to the real axe
and critical line o = 1/2. So it is enough to investigate zeros with o < 1/2 and > 0.
These zeros are of three types, with small, intermediate and big ordinates. The Riemann
hypothesis states that the (non-trivial) complex zeros of ((s) lie on the critical line
o = 1/2. The Riemann hypothesis (RH) is a central problem in Pure Mathematics due
to its connection with Number theory and other branches of Mathematics and Physics.
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Let us consider the following finite approximation of the Riemann zeta function

N 00 164 — e~ (N1
s):;n = T i dtt ?:C(S)—AN(S), Re s >1
1 0 755—1 1 o] ts—le—Nt
= — dt——, A = — dt ———— 13
6 =575 |t A = [ (13)

Another formula, which can be used on the critical line, is

1 1 t51dt
=(1-2"%"1 —1m1%:————_——/ Re s > 0. 14
)= (=2 I = s [T e (14)
n>1
Corresponding finite approximation of the Riemann zeta function is
N

CN(S) 21 s 12 n 1 n=°
L1 R (e
o >/

— = —-A
1— 2T (s e+ 1 Cls) = Anls),
1 o) ts—l(_e—t)N)
A = — dt———~> ~ £N"° 15
Vo) =g [ (15)
at a (nontrivial) zero of the zeta function, sg, (y(so) = —An(So). In the integral form,

dependence on N is analytic and we can consider any complex valued V.

It is interesting to see dependence (evolution) of zeros on N. For the simplest nontrivial
integer N = 2, (5(s) = (1 — 275711 — 27%), we have zeros at s, = 2min/In2, n =
0,+1,42, ..., 27r/In2 = 9.06. In the interval I'ms, € (0,100) we have 10 nontrivial zeros.
The first nontrivial zero of the zeta function, by Mathematica, is: s; = 1/2 + i14.1347.
The last zero in the interval I'ms, € (0,100) is: s99 = 1/2 4 798.8312.
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